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Chapter 1

Introduction

1.1 Background
In recent years, large-scale disasters such as the Tohoku Earthquake in 2011 are occurring
frequently. As the result of the Earthquake, in the accident of the Fukushima Daiichi
Nuclear Power Plant, workers working in the vicinity of the reactor building were damaged
from the poor environment [1].

Meanwhile, countermeasures against a declining birthrate and an aging society are
urgent in Japan, but the number of people engaged in nursing care for elderly is insufficient
and the load on caregivers has also increased [2]. Also in the construction industry, skill
workers are aging, and shortage of workers is getting worse. Currently there are about
3.3 million workers in the construction industry, but there are views that the number of
the workers will fall to 2.16 million in 2025 [3]. In the field of transportation, decreasing
number of workers is concerned as well [4].

In view of the above circumstances, introducing robots that perform dangerous work or
hard labor on behalf of human is desired [5]. For example, in a dangerous place where
human can not enter, necessity of robots to act on behalf of human is considered. In
fact, robots are introduced in work that deal with substances harmful to the human body,
such as painting processes at automobile factories etc. [6]. Robots were also utilized for
surveying inside the reactor building of Fukushima Daiichi Nuclear Power Station [7].
Introducing nursing care robots is also being considered in the field of nursing care, and
demand for robots that can effectively provide nursing care are increasing [8].

In general, most industrial robots used in factories do not need to move, and transport
robots that carry out moving operations need to travel only on a flat floor or rails. However,
robots working outdoors such as in disaster or construction sites with obstacles, steps and
uneven terrain are required to have the following abilities:
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• Adjusting to unknown conditions such as rough terrain and steps, and avoiding
obstacles

• Avoiding stumbling or maintaining the standing state
• Being robust to dirt and moisture environment

In addition, it is not reasonable for a mobile robot to work with tethering cables which
supply power from energy source out of the robot. Thus energy of the robot working
outdoors is usually covered by built-in batteries or generators and this causes limitation of
operating time.

As mentioned above, the robots operated outdoors are required to handle unknown
terrain conditions and stand-alone activities. Walking robots, which are the robots walk
with their legs are one of the solutions for practical implementation of the mobile robots.
Their advantages over mobile robots with wheels or crawlers lie in their structural feature;
having legs. The legs allow them to adapt to various environments such as disaster or
construction sites with obstacles, steps and uneven terrain (Fig. 1.1). Even in entertainment
use, they are possibly expected to walk up stairs.

Fig. 1.1 Comparison of mobility capability

Furthermore, it is thought that stable locomotion is easier to be achieved with a multi-
legged robot (generally four legs or more) on rough terrain compared with a biped robot.
This is because a robot with four or more legs is very stable to stand in a stationary
state and can support its body with three or more legs depending on the situation even
while locomotion. In addition, quadruped locomotion is said to be able to combine
maneuverability and walking ability in multi-legged walking. This is because the robot’s
weight increases and the leg control becomes difficult, such as narrowing the range of
motion of the legs, as the number of legs increases. Thus, the quadruped locomotion has
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many characteristics suitable for activities in rough terrain, it is thought that it has high
versatility for various topographies, and it is expected to be used in rough terrain.

Although the present practical walking robots are mostly for entertainment-use, such as
Aibo [9] and ASHIMO [10], they are getting more attention in several commercial fields
such as construction [11]. SpotMini (Fig. 1.2) is a quadruped robot developed by Boston
Dynamics. It has been examined in demonstration experiments conducted by Takenaka
Corporation, SoftBank Robotics Corp. and SoftBank Corp. on construction sites for
practical application in 2019. [3, 12] and scheduled for large-scale production for general
sale from middle of 2019 [13].

Fig. 1.2 SpotMini deveploped by Boston Dynamics [11]. It weighs 25 kg (30 kg
including the 5 degree-of-freedom arm) and driven by batteries lasting for 90-minute
operation time on a charge. It has perception sensors including stereo cameras, depth
cameras, an inertia measurement unit, and position/force sensors in the limbs.

1.2 Review on the Field of Walking Robot
Considering those prospectives that the walking robots will be used in various fields as
mentioned above, numerous studies on walking robots have been conducted. There are
various approaches to achieve fast, stable and energy-efficient locomotion for developing
a practical walking robot.

Model-based controller design is one of those approaches to locomotion control. In
the model-based approach, dynamics of the robot is derived to design the locomotion
controller. In general, it is inconvenient to utilize the complete dynamics of the robot due
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to its complexity, thus an approximated model is considered by ignoring some mechanical
components and nonlinearity.

The model-based approach is useful to analyze and understand the behavior of the robot
system. One of the simplest models is the table-cart model that considers simple dynamics
of a cart with concentrated mass moving on a table, that corresponds to the robot’s center
of gravity. This model includes an important index for stable locomotion of walking
robots known as Zero-Moment Point (ZMP), which can be calculated by measuring
ground reaction force acting on legs [14, 15]. It is often considered as an index for stable
locomotion designing a motion controller [16–22]. Similarly, based on the strategy of
stable locomotion suggested by the idea of the ZMP, a sprawling-type robot with a large
supporting leg polygon and low center of gravity is proposed [23]. Besides the ZMP,
there are several attempts of the motion control of walking robots. The author considered
posture of robot’s body as an index for stable locomotion and proposed a controller design
based on inclination of its body [24]. Focchi et al. focused on torque controller design
to achieve quasi-static locomotion on a steep slope, which requires regulation of ground
reaction force [25]. Zhang et al. considered full dynamics of a quadruped robot running in
trotting for stable torso motion [26]. The ground reaction force including leg tip impact and
friction is often taken into account in the model-based approach such as biped locomotion
dynamics based on the energetic approach considering energy of propulsion provided by
the rear leg and energy lost during the impact of the front leg [27], a biped robot dynamics
model with nonlinear friction of the floor [28] and a leg mechanism for a regenerative
shock absorber [29].

On the other hand, there are many attempts to apply locomotive mechanisms of walking
animals to robots rather than considering controller design based on their dynamics.
Quadruped animals have developed their locomotive abilities and body structures to adapt
to various terrain. Applying locomotive mechanisms of animals to robots may enable
them to achieve stable, fast and energy-efficient locomotion. Bio-inspired studies mainly
focus on unraveling animals’ automatic locomotion regulation mechanism. Rosendo
et al. developed a cheetah-like robot which has musculoskeletal structure inspired by
cheetahs to replicate rhythmical muscular activation based on stretch and reflex of artificial
muscles [30,31]. Mutlu and Hauser et al. considered compliant joints and foot mechanism
for locomotion on rough terrain [32, 33]. Combination of bio-inspired structure of robots
and model-based approach is also considered to understand the animals’ locomotion
mechanism [34–38].
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Generation of animals’ rhythmical motion is an important research field of walking
robots and numerous studies have been conducted [39–51]. Spröwitz et al. designed
an experimental quadruped robot with a flexible leg structure and local phase oscillators
interacting to each other inspired by the animals’ neural network for regulating phase
differences between legs [45]. The designed robot achieved fast locomotion with short
flight phase. Those phase oscillators are known as Central Pattern Generator (CPG).
Fukuoka et al. proposed CPG modulated by leg load observed in the animals’ locomotion
[43].

Besides the motion control, energy consumption for locomotion is also considered as
it is required to reduce energy consumption for the robots’ motion, especially locomotion
which is the most fundamental motion of mobile robots including walking robots to extend
the operating time. In studies of energy consumption for locomotion, both of the model-
based and bio-inspired approaches are adopted. Seok et al. proposed a hardware design
for minimization of major energy losses by employment of high torque density motors,
low impedance transmission, energy regenerative electronics and a design architecture
that minimizes the leg inertia [52,53]. Krishna et al. investigated the energy consumption
in a bounce gait [54]. Gao et al. proposed a controller design for reduction of energy
consumption of a hexapod robot by minimizing impact force [55].

In the biological field, there are many studies on animals’ locomotion [56–59]. Ac-
cording to the achievements of those studies, it is reported that the gait transition observed
in animals who walk with their legs seems to optimize the energy required for the loco-
motion [56]. Thus the animals’ locomotion is considered as a reference to reduce energy
consumption for locomotion in robotic fields [60–63]. Kiguchi et al. applied genetic
algorithm to obtain the energy-optimal gait for quadruped locomotion [63]. Nishii in-
troduced an analytical model for estimating energy consumption of animals’ locomotion,
which consists of simple one leg link [60]. Nishii suggested that the distribution of the
ground reaction force determines optimal duty ratio. Owaki et al. proposed a simple
algorithm based on the CPG which contains phase oscillators modulated by magnitude
of ground reaction force in each leg as well [40, 41]. The proposed CPG successfully
produced spontaneous gait transitions depending on the robot’s locomotion velocity and
it was shown that the gait transition optimized energy consumption for locomotion. In
those cases of the bio-inspired studies, the ground reaction force is an essential factor to
understand the mechanism of animals’ locomotion.
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1.3 Objectives and Methods
For the practical use of quadruped robots, effective methods for reducing energy con-
sumption of locomotion must be considered. As mentioned above, Nishii proposed a
simple mathematical model for estimation of energy consumption for locomotion [60].
However, the model proposed in his study is one-link model, which is different from actual
animals’ or robots’ legs. He also proposed a mathematical model for estimating energy
consumption for locomotion of an insect [61], but the model considers full dynamics of an
insect’s whole body, thus it is complex and difficult to be applied to other body structures
such as mammals or quadruped robots.

On the other hand, ground reaction force plays an important role for controlling a
walking robot. However, measuring the ground reaction force using sensors such as a
load cell restricts the leg structure. The ground reaction force is also useful to analyze
the behavior of the robot, and hence its detection without sensors is favorable. Camurri
showed a method to detect the contacts of leg tips based on probability of reliable contact
utilizing leg odometry and internal force sensing [64]. However, his method is unable to
estimate the magnitude of ground reaction force.

A disturbance observer is a possible solution to this issue. The disturbance observer is
to estimate the disturbance applied to the system by comparing outputs of an actual system
with ones of its nominal model. Employing the disturbance observer for the estimation of
the ground reaction force enables a controller design utilizing it. However, deriving the
nominal model of the robot’s dynamics is generally difficult.

Considering the above-mentioned discussion, this study aims to achieve the following
two objectives:

1. Propose a simple dynamics model for estimation of energy consumption for loco-
motion, which contributes to reducing the energy consumption of walking robots

2. Design a disturbance observer for estimation of ground reaction force, which can
be applied to various controller designs such as CPG, ZMP and suppression of the
energy consumption

For the first objective, a novel simple dynamics considering two legs composed of two
links named “2-link 2-leg model” is proposed in this study. The model is designed to focus
on the pitch motion of the robot in the sagittal plane and the motion of the fore and hind
legs are treated separately to reduce the complexity of the robot’s dynamics. Moreover,
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the model can be extended to other body structures such as a hexapod robot by considering
additional disturbance applied to the robot’s body.

To achieve the second objective, an observer for estimating the ground reaction force
acting on a walking robot based on the proposed model is designed. The observer is
based on the high-gain observer structure and a nominal model of the observer is derived
utilizing the model proposed for the estimation of the energy consumption.

The proposed model for those two objectives are verified by experiments and simula-
tions. The energy consumption computed by utilizing the proposed model is examined
by experiments on an actual robot and the obtained profile of the energy consumption
is compared with the Nishii’s conventional study [60]. The performance of the observer
employing the proposed model is validated by simulations on Open Dynamics Engine [65].

1.4 Thesis Organization
This thesis is composed of the following chapters: In chapter 2, preliminaries of legged-
locomotion are explained. In chapter 3, conventional studies which relate to this study
are introduced and explained. In chapter 4, a dynamics model for estimating energy
consumption for locomotion is proposed. In chapter 5, an observer design adopting the
proposed model for estimating disturbance and ground reaction force acting on a walking
robot is described. In chapter 6, the study achievements are summarized and the problems
and future prospective are discussed.
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Chapter 2

Preliminaries of
Legged-Locomotion

2.1 Gaits
In this section, gaits of quadruped locomotion are explained. Quadruped locomotion is
classified into several kinds of locomotion, which is called gaits, according to the order in
which the legs are extended. Typical gaits are classified into the following four types [66]:

crawl Move one leg in the order of left fore, right rear, right fore and left rear. Since it
always supports the body with three legs, it is excellent in stability. It is observed
in animals walking at low speed (Fig. 2.1(a)).

trot Move diagonal legs (a pair of left fore and right rear legs, and pair of right fore and
left rear legs) simultaneously. Because diagonal legs are raise at the same time,
trot gait is harder to fall than pace, bounce described later, and has advantage on
stability over them. Many of the animals with four legs walk by trot (Fig. 2.1(b)).

pace Move fore and rear legs (a pair of left fore and left rear legs, and pair of right fore
and right rear legs) simultaneously. Pace is faster gait than trot (Fig. 2.1(c)).

bounce Move left and right legs (a pair of left fore and right fore legs, and pair of left
rear and right rear legs) simultaneously. Among the typical gaits, bounce is most
suitable gait for fast locomotion such as running (Fig. 2.1(d)).

The gaits mentioned above are typically observed in animals’ locomotion, however, the
gaits are classified into more detailed types according to the locomotion parameters such
as phase differences among legs and duty ratio.

In the case of the trot gait, the risk of falling is lower than that of the pace gait and the
bounce gait because the legs on the diagonal are moved at the same time. The locomotion
at higher velocity than the crawl gait can be expected as well. On the other hand, the crawl
gait locomotion can be adopted when walking on rough terrain because three or more legs
always support the body.
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Fig. 2.1 Typical gaits. The abbreviation LF, RR, RF and LR denote left-fore, right-rear,
right-fore and left-rear legs, respectively. The stance phase and swing phase are expressed
by the solid and dotted lines, respectively.

2.2 Parameters for Legged-Locomotion
The gaits described in the previous section represent the order of moving the legs. Other
than the gaits, the parameters representing the locomotion include the following （Fig.
2.2）.

• locomotion velocity v: velocity of the locomotion of the robot in direction of travel
• stance length s: Distance in which the robot travels during a stance phase, i.e.,

length of one step
• locomotion period T : Time taken for one cycle of the locomotion
• duty ratio β: Ratio of time for a stance phase to a locomotion period
• phase differences ϕ: Difference of phase among each leg

The locomotion velocity, stance length, duty ratio and locomotion period is constrained
by the following equation:

v =
s

βT
(2.1)
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In Eq. 2.1, three of those parameters can be set arbitrarily. The locomotion velocity v
is often set to the desired value, therefore the equation of the locomotion parameters has
two-degree of freedom.

Fig. 2.2 Parameters for legged-locomotion

2.3 Cost of Transportation
In this study, the energy consumption is evaluated by cost of transportation (COT) that is
dimensionless number describing energy consumed to transport a unit weight for a unit
distance, namely,

COT [−] =
e[J]

mg [N] · d [m]
(2.2)

where e is consumed energy, m is a mass of a transported object, g is gravitational
acceleration and d is distance of the transportation.

In this study, the energy consumption for locomotion is assumed to be composed of two
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factors; mechanical work for motion of legs and heat loss due to generating force/torque
according to Nishii’s study [60]. Mechanical work done by actuators for leg motion em is
defined as follows;

em =

∫
⟨τ ,Ω⟩dt (2.3)

where τ is an input force/torque vector and Ω is an velocity/angular velocity vector. ⟨⟩
indicates an operator for inner product of two vectors. In this study, energy regeneration
in actuators is ignored as it is difficult to utilize the regenerated energy in walking robots.
Therefore, negative value in Eq. (2.3) is ignored:

em =

∫
max (⟨τ ,Ω⟩, 0) dt (2.4)

It is expected that mechanical work increases as locomotion velocity increases, because
the joint angular velocity generally depends on locomotion velocity. Heat loss eh due to
generating force/torque is defined as follows:

eh =

∫
c⟨τ , τ ⟩dt (2.5)

where c is a constant coefficient. This heat loss model corresponds to the Joule heat in
electrical actuators. As Eq. (2.5) does not depend on the angular velocity, but only on
the input torque, the robot consumes energy for standing without any motion. Thus, it is
expected that the heat loss increases as duration of stance phase, i.e., locomotion velocity
decreases and duty ratio increases.
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2.4 Zero-Moment Point and Table-Cart Model
In this section, Zero-Moment Point (ZMP) used as an index of conventional stable lo-
comotion is explained. In the following, ZMP in a two-dimensional table-cart model is
derived [14].

Consider a cart that moves freely on a table as shown in Fig. 2.3. It is assumed that the
mass of the table is negligible and the cart is regarded as a concentrated mass. Here, the
mass of the cartm, foot of the table and height from the ground to the cart zc corresponds
to the mass, supporting polygon, height to the center of gravity of the robot, respectively.
The movement of the cart corresponds to the movement of the center of gravity of the
robot. Take the absolute coordinate system with the originO at the appropriate position on
the ground, the x axis to the right fromO, and the z axis upward vertically. The projection
point p on the ground of the resultant force f is obtained by the following equilibrium
equation of the moment;

mg (p− x) = −mẍzc (2.6)

p = x− ẍ

g
zc (2.7)

where g is the gravitational acceleration and p is called the resulted ZMP. If this resulted
ZMP lies inside the table’s foot (the supporting polygon of the robot), the point pr at which
the ground reaction force acts coincides with the point p (Fig. 2.4 (a)). However, when
the resulted ZMP is outside the foot, the ground reaction force acts on the edge of the
table’s feet, and a moment which tries to overturn the table by the resultant force f works
(Fig. 2.4 (b)). At this time, the actual ZMP is at the center of the rotary motion the table
is about to tip over and does not match the point p which is the resulted ZMP.

As mentioned above, ZMP has been used as an indicator of stable locomotion [16–22]
because the stability of locomotion can be confirmed by considering whether ZMP is in
supporting polygon or not. However, even if ZMP is not in the supporting polygon, swing
legs can touch the ground and support the body to prevent falling over. Therefore, ZMP
can be considered as an excessive sufficient condition.
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Fig. 2.3 Table-cart model

(a) ZMP is inside the supporting polygon (b) ZMP is outside the supporting polygon
Fig. 2.4 Effect of ZMP on stambling
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Chapter 3

Review on Conventional Studies

In this chapter, conventional studies related to this study are introduced to show the present
situation of the studies on walking robots. Firstly, the author’s past study on motion control
of a quadruped robot [24] is introduced.

Secondly, studies on energy consumption for locomotion are introduced. Hoyt and
Taylor reported that a horse chooses a gait such that oxygen consumption for locomotion
is suppressed. That suggests that the gait is chosen so that the energy required for
locomotion for a unit distance is optimized. To explain the mechanism of the gait transition,
Nishii proposed a simple analytical model for estimating energy consumption of animals’
locomotion [60].

In last, studies on CPG are introduced. CPG is a kind of neural network which dominates
rhythmical motion of animals. Spröwitz et al. proposed a quadruped robot that has an
ability to ascend a small step [45]. The robot’s locomotion is modulated by a CPG which
considers phase differences among robot’s legs directly. Owaki et al. proposed a CPG
modulated by magnitude of ground reaction force acting on each leg [41]. The proposed
CPG produced spontaneous gait transitions depending on the robot’s locomotion velocity
as observed in animals’ locomotion.

3.1 Motion Control of Quadruped Robot Based on Inclination
of Body

In this section, the author’s past study [24] is introduced as an example of motion control
of a quadruped robot. In this study, an inclination of robot’s body is considered as an
index of stable locomotion based on an assumption that keeping the body in a desired
orientation provides stable locomotion even without feedback of ZMP. The robot’s body
is kept horizontal to avoid stumbling while swing legs touch to the ground. It is verified
by simulations that the robot can achieve stable locomotion without feedback of the ZMP.
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3.1.1 Robot Model and Motion Trajectory

The robot model for simulations is shown in Fig. 3.1 and parameters of the model are
explained in Tables 3.1 and 3.2. The Open Dynamics Engine (ODE) was used to examine
the proposed controller in this study. The ODE is a library of API for C++ language to
calculate kinetics of solid bodies numerically [65]. The robot has three actuators in each
leg, twelve actuators in total. The actuator is numbered from the base of each leg, and
actuators 1, 2 and 3 rotate in pitch, roll and pitch directions, respectively, as shown in
Fig. 3.2. These actuators are assumed to be able to generate any desired torque without
magnitude limit. In addition, there is no energy loss such as viscous friction effects. The
other conditions are shown in Table 3.3.

Fig. 3.1 Robot model

In this study, the gait pattern of the robot is restricted to trotting. A leg motion trajectory
is determined by a ZMP trajectory and designed before the motion starts.

The desired trajectory of the center of gravity (COG) of robot’s body is designed to
achieve the desired ZMP trajectory and applied to designing the desired trajectory of
robot’s legs. The desired ZMP trajectory and trajectory of the COG are determined as
explained below [66].

The origin of the world coordinates with x- and y-axis which is in the moving direction
and the leftward direction to the x-axis, respectively, is fixed on the initial location of the
projection point of the COG to the ground. The robot moves in a constant velocity along
x-axis, and the ZMP trajectory is modified by moving in the y direction. The desired
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Table 3.1 Parameters of the robot model

Symbol Quantity Unit
D depth of the body m
W width of the body m
H height of the body m
M mass of body kg
l length of a link m
ljoint distance between joint axis m
d diameter of a link m
m mass of a link kg

Table 3.2 Parameter values of the robot model

D W H M
body 0.30 m 0.24 m 0.10 m 10.0 kg
leg l ljoint d m
link0 - 0.00 m 0.040 m 0.30 kg
link1 0.19 m 0.15 m 0.040 m 0.30 kg
link2 0.19 m 0.15 m 0.040 m 0.30 kg

Fig. 3.2 Actuator placements of the robot model

ZMP trajectory from t = 0 to t = T/4, where T is the stride period, is shown in Fig. 3.3.
The supporting line, which consists of contact points of the stance legs at the ground, is
expressed as

y = bx (3.1)
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Table 3.3 Simulation conditions

step size 1.0×10−3 s
stride 0.20 m
locomotion period 1.2 s, 1.6 s
duty ratio 0.65
friction coefficient 30

Fig. 3.3 ZMP trajectory and supporting line

where b is a constant. When the body moves in a constant velocity v along thex direction,
the ZMP in the x direction corresponds to the COG in the x direction. Therefore the ZMP
is on the supporting line when the following equation is satisfied;

xZMP = xCOG = vt (3.2)
yZMP = bvt (3.3)

where the subscript COG represents the parameter with respect to the COG. From the
assumption that mass of legs is ignored, the relationship between the COG and the ZMP
is expressed by the following equation;

yZMP = yCOG − h

g
ÿCOG (3.4)
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where h and g are the distance between the COG and the ground, and the gravitational
acceleration, respectively. From Eq. (3.2), (3.3) and (3.4), a second-order ordinary
differential equation

ÿCOG − g

h
yCOG =

g

h
bvt (3.5)

is obtained. The general solution of 3.5 is given by

yCOG (t) = C1exp

(√
g

h
t

)
+ C1exp

(
−
√
g

h
t

)
+ bvt (3.6)

where C1 and C2 are constants of integration. The velocity of the COG is given by

ẏCOG (t) =

√
g

h

{
C1exp

(√
g

h
t

)
+ C1exp

(
−
√
g

h
t

)}
+ bv (3.7)

C1 and C2 are determined by the boundary conditions obtained from Fig. 3.3.

yCOG (0) = 0 (3.8)

The trajectory of the COG must be smooth at t = T/4, i.e.,

ẏCOG (T/4) = 0 (3.9)

Therefore, C1 and C2 are given by

−C1 = C2 =

√
h
g

exp
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h
g
T
4

)
+ exp

(
−
√

h
g
T
4

)bv (3.10)

The maximum displacement of the COG in the y direction is at t = T/4, and hence,

yCOGmax = yCOG

(
T

4

)
= C1exp
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h
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4

)
+ C1exp

(
−
√
g

h

T

4

)
+ bv

T

4
(3.11)

The obtained trajectory of the COG satisfies the desired ZMP trajectory.
The trajectory of the COG obtained above is applied to trajectories of stance legs to

satisfy the desired trajectory of the COG. The original of the leg coordinates Σleg with
x-, z- and y-axis where x is in the direction of the forward normal of frontal section of
the body, z is in the direction of the downward normal of horizontal section of the body
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and y is obtained as a right-handed system, respectively, is fixed on the base of each leg
as shown in Fig. 3.4. From Eq. (3.7), the trajectory of the stance legs are given by the
following equation:

yleg (t) = (−1)
n

{
C1exp

(√
g

h
t

)
+ C2exp

(
−
√
g

h
t

)
+ bvt

}
{
n = 0 for left-fore and right-hind legs
n = 1 for right-fore and left-hind legs

(3.12)

The trajectory of swing leg is given as a sinusoidal curve starting from
(−S/2,±yCOGmax, h−H/2) and reaching (S/2,∓yCOGmax, h−H/2) (double sign
correspondence).

Fig. 3.4 Left-fore and right-hind leg tip trajectory

3.1.2 Controller Design based on Inclination of body

Each actuator attached to the joints of legs generates input torque to achieve the desired
angle. The input torque for each joint is given by

τi = k (θdi − θi) (3.13)
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where τi is input torque, k is proportional gain, θdi is desired angle and θi is measured
angle, respectively. The suffix i indicates ith joint. If the input torque in Eq. (3.13) is
applied to the joint motion, the links keep oscillation because there is no energy loss such
as viscous friction in the actuators on the ODE. Therefore, the input torque to avoid the
oscillation should be

τi = k (θdi − θi)− cωi (3.14)

where c is coefficient of viscosity and ωi is angular velocity, respectively. The control
gain k and the coefficient of viscosity c were determined by trial and error.

From the assumption that supporting legs do not slip and touch the ground at only
one point, stumbling motion of the robot is restricted within rotational motion around
the supporting line. Thus, it is possible to make control for avoiding stumbling easily by
considering only dynamics within the vertical cross section against the supporting line as
shown in Fig. 3.5. To keep the body horizontal, input torque is applied to the bases of the
supporting legs (Fig. 3.6). The moment of inertia and input torque are considered as scalar
variables due to the assumption on the rotational motion around the supporting line. If the
inclination θ is relatively small, the equation of motion can be expressed approximately as

Iθ̈ = τ (3.15)

where I is moment of inertia of the body around the line which includes the bases of the

Fig. 3.5 Vertical cross section

both stance legs and τ is the input torque, respectively. The input torque τ is given by the
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Fig. 3.6 Dynamics in the cross section

following equation;

τ = −kpθ − kdθ̇ (3.16)

where kp and kd are feedback gains. From Eq. (3.15) and (3.16), the equatio of motion
of the body is expressed as

Iθ̈ + kdθ̇ + kpθ = 0 (3.17)

Equation (3.17) is the equation of motion for damped oscillation. The damping ratio ζ is
given by

ζ =
kd

2
√
kpI

(3.18)

If τ is given with the appropriate feedback gains kp and kd satisfying 1 < ζ, the body
performs over damped oscillation and converges on the horizontal condition. The input
torque τ obtained by Eq. (3.17) was given by the summation of τ1 and τ2 generated by the
actuators 1 and 2, respectively, as shown in Fig. 3.7. The origin of the body coordinate
Σbody with x-, z- and y-axis is fixed on the COG of the body as shown in Fig. 3.8. If
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Fig. 3.7 Resultant torque model

postures of the stance legs are the same, the supporting line on Σbody is given by

y = bx+ a

z = const. (3.19)

where a is a constant. Because τ1 and τ2 on Σleg are in parallel with y- and x-axis
on Σbody respectively, the input torque τ with its magnitude τ is given as the linear
combination of τ1 and τ2:

τ = τ1 + τ2 = |τ2| i− |τ1| j (3.20)

where i and j are unit vectors in the x and y direction of Σbody, respectively. From
Eq. (3.20) and Fig. 3.8, magnitude of τ1 and τ2 are determined by comparison with the
elements of τ , i.e.,

|τ1| =
−b√
1 + b2

τ

|τ2| =
1√

1 + b2
τ (3.21)

These equations provide a ratio to assign the input torque τ to actuators 1 and 2.
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Fig. 3.8 View in the x-y plane of robot coordinates

3.1.3 Simulation Conditions and Results

The simulation was conducted to examine the effectiveness of the proposed controller
design by considering the following three points :

1. Different locomotion periods that affect the stability of robot’s locomotion
2. The effect of feedback gains kp and kd in the proposed controller
3. The dependence of stable locomotion on the ZMP

Firstly, the effect of the locomotion on the proposed controller design was examined by
comparing two different locomotion periods (T =1.2 s and 1.6 s). The feedback gains
were set to kp = 500 Nm and kd = 500 Nms (ζ =1.47). Simulation on four combinations
of feedback gains was conducted to determine the effective control gains under a fixed
locomotion period (T = 1.2 s).

Then, the actual ZMP was measured in the simulation of the proposed controller with
the parameters T = 1.2 s, kp = 500 Nm and kd = 500 Nms (ζ = 1.47).

For all simulation, the inclination of the body around the supporting line and the ZMP
were measured for three locomotion periods. With the results of the simulation on two
different locomotion periods, the effect of the feedback gains and the ZMP are shown in
Figs. 3.9-3.12.

As shown in Figs. 3.9 and 3.10, the proposed controller effectively reduced the incli-
nation of the body on both simulations of different stride periods by comparison between
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the result with and without feedback control. From the effect of feedback gains kp and
kd observed in Fig. 3.11, the inclination exhibited the good performance at the damping
ratio ζ = 1.47.

The simulation on measurement of the ZMP in Fig. 3.12 showed the significant result.
Although the actual ZMP oscillates significantly and is largely different from the desired
ZMP, the robot is able to perform stable walk as shown in Fig. 3.9. This result indicates
the independence of stable quadruped locomotion from the ZMP.

The controller proposed in this study restrained the inclination of the body and realized
stable quadruped locomotion. In addition, it was observed that the locomotion was stable
even though the ZMP trajectory was oscillated extremely and did not follow the desired
trajectory.

The proposed controller was based on the assumption that the inclination is relatively
small; therefore it seems difficult to avoid large inclination as shown in Fig. 3.10. Fur-
thermore, vibration of ZMP causes a great increase of energy consumption. Because
robots working outdoors are required to work with a limited power source, the energy
consumption must be considered.

In conclusion, considering the inclination of the body reduced the inclination, and the
robot performed stable locomotion. The possibility that the inclination can be a new
index of stable locomotion was examined. However, the proposed controller may have
disadvantage on avoiding larger inclination and energy consumption.
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Fig. 3.9 body inclination profiles (locomotion period: 1.2 s)

Fig. 3.10 body inclination profiles (locomotion period: 1.6 s)
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Fig. 3.11 body inclination profiles with different feedback gains (locomotion period:
1.2 s)

Fig. 3.12 ZMP profiles (locomotion period: 1.2 s)
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3.2 Energy Consumption for Locomotion
Hoyt and Taylor measured oxygen consumption in horses during locomotion [56]. Figure
3.13 shows the oxygen consumption of horses required to move a unit distance reported
in [56]. The oxygen consumption corresponds to metabolic energy consumption. As
shown in Fig. 3.13, each gait has energy-optimal locomotion velocity. The horses selected
the energy-optimal gait most frequently, namely, they chose less frequently the trot gait in
A, the gallop gait in B, and the trot gait in C, respectively [62]. The energy consumption
at the energy-optimal locomotion velocity is almost same for each gait. Moreover, it is
reported that there are ranges of locomotion velocity which the horses never used for any
sustained period unless they are forced to move at that locomotion velocity on a motorized
treadmill. These facts suggest that the horses select the gait depending on its locomotion
velocity so that the energy consumption for locomotion is optimized, yet mechanism of
the optimization is unclear.

Fig. 3.13 The oxygen consumption of horses for moving a unit distance versus lo-
comotion velocity in walk, trot and gallop gaits. Originally cited from [56], modified
in [62].
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Nishii proposed an analytical model for estimating energy consumption of animals’
locomotion and revealing the mechanism of the optimization of the energy consumption
by the gait transition. The proposed model consists of a single leg link [60] as shown in
Fig. 3.14.

According to the COT profile obtained from the proposed model, it is suggested that
the energy consumption for locomotion is composed of mechanical work for motion of
legs and heat loss due to generating force/torque in actuators such as muscles, and the
energy-optimal locomotion parameters such as duty ratio and stride length are determined
by the balance of those two factors as illustrated in Fig. 3.15.

Fig. 3.14 A simple leg model [60]

The COT computed according to the model in Fig. 3.14 versus locomotion velocity
obtained from typical duty ratio is shown in Fig. 3.16. Here, it is assumed that ground
reaction force Ni is is given by total mass of the model M divided by an average number
of the stance legs, i.e., Ni =M/nβ where n is a number of legs and β is duty ratio. The
solid line shows the least COT given by the optimal duty ratio.

Furthermore, Nishii derived the optimal duty ratio by two advanced methods considering
more practical assumption on the ground reaction force. The first assumption (assumption
1) is that the ground reaction force is given by the total mass divided by the number
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Fig. 3.15 Schematic representation of cost of transportation. Heat loss to support the
body is dominant at lower locomotion velocity and mechanical work is dominant at higher
locomotion velocity [60].

of the stance legs at the instance nst, i.e., Ni = M/nst (t). In the second assumption
(assumption 2), the balance of the force around the body derived by the pseudo-inverse
matrix is considered. The optimal duty ratio computed on these two assumptions are
shown in Fig. 3.17. As shown in Fig. 3.17, it is observed that the optimal duty ratio does
not change in some ranges on the both assumptions. Similarly, the discrete change of the
optimal duty ratio is observed, that is observed in the actual animals’ locomotion. Those
phenomena are not observed on the assumption that the ground reaction force is always
evenly distributed to each leg. Nishii concluded that the distribution of the ground reaction
force determined by body structure would yield a different optimal set of gait patterns.



3.2 Energy Consumption for Locomotion 31

Fig. 3.16 Cost of transportation for typical duty ratio values [60].

Fig. 3.17 Optimal duty ratio computed on the assumption 1 denoted by “+” and
assumption 2 denoted by “◦” [60].
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Fig. 3.18 Cheetah-cub [45]

3.3 Central Pattern Generator
locomotion is controlled in part by a distributed neural network called the “central pattern
generator” (CPG) in the animals’ spinal cord.

Spröwitz et al. designed a quadruped robot named “Cheetah-cub” shown in Fig.
3.18, which is controlled by a CPG algorithm [45]. The proposed CPG regulates phase
differences among legs directly, expressed by the following equation;

ϕ̇i = 2πf +
∑
j ̸=i

ki,jsin (ϕj − ϕi − ψi,j) (3.22)

where ϕi and ϕj are phase of the i-th and j-th oscillator, respectively, f is locomotion
frequency, ki,j is a constant gain, and ψi,j is a desired phase difference between i-th
and j-th oscillator. Equation (3.22) compensates the phase differences when periodical
coordination of leg motion for locomotion is disturbed. The proposed CPG successfully
compensated the disturbed phase differences when ascending or descending a step and
achieved stable fast locomotion.

Owaki et al. proposed a simple algorithm based on the CPG which contains phase
oscillators modulated by magnitude of ground reaction force in each leg and implemented
it into a quadruped robot named “Oscillex 3” shown in Fig. 3.19 [41]. They pointed out
that no past study based on CPG has succeeded to reproduce gait transitions from low
to high locomotion velocity using a quadruped robot and this is because most relevant
research has been either completely or partly based on preprogrammed neural network
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topologies in CPGs. The phase oscillators designed by them are not connected to each
other by predefined connections nor preprogrammed relationship, but interact to each
other physically, i.e., through force/torque distribution such as ground reaction force. The
designed CPG is formulated by the following simple equation;

ϕ̇i = ω − σNicosϕi (3.23)

where ϕi is the oscillator phase, ω is intrinsic angular velocity, σ is the weight of local
sensory feedback and Ni is the ground reaction force which is detected using a pressure
sensor on each foot. The mechanism of Owaki’s CPG is simple: The phase oscillator tries
to remain in stance phase when the ground reaction is large as shown in Fig. 3.20.

The proposed CPG successfully produced spontaneous gait transitions depending on
the robot’s locomotive speed which is similar to ones observed in the actual animals’
locomotion. Moreover, it is shown that the gait transition optimized energy consumption
for locomotion as shown in Fig. 3.21. The profile of the COT shown in Fig. 3.21 looks
quite similar to the oxygen consumption profile shown in Fig. 3.13 in Hoyt and Taylor’s
study [56], that suggests that the CPG modulated by the ground reaction force most likely
explains the mechanism of the gait transition, yet the relation between the ground reaction
force and the energy consumption is not clearly explained.

Fig. 3.19 The quadruped robot, Oscillex 3 [41]



34 Chapter 3 Review on Conventional Studies

Fig. 3.20 The feedback effect on the oscillator phase [41]

Fig. 3.21 Cost of transport versus Froude number Fr for each value of ω [41]. The
Froude number is a dimensionless number proportional to locomotion velocity.
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Chapter 4

Estimation of Energy Consumption

4.1 Introduction
In this section, “2-link 2-leg model” for estimating energy consumption for quadruped
locomotion is proposed. In this model for quadruped locomotion, the fore legs and torso
are considered and the effect of the hind legs is treated as disturbance to the torso link
and this brings a biped robot model which is supported by virtual reaction force of the
opposite legs. The legs are composed of two links that are sufficient approximation of
actual robots’ leg structure. The advantage of the proposed model lies in the similarity to
actual robots’ leg structure compared to the conventional study [60]. The proposed model
is sufficiently simple for analyzing effects of the locomotion parameters, whereas essential
structure of knee joints in actual robots holds and the model can be extended to other body
structure types such as hexapod robots by assuming additional external disturbance force.

4.2 Simulation of Energy Consumption
4.2.1 Dynamics Model

Because the three-dimensional motion dynamics of the robot is complex, it is often
assumed that motion around the roll axis, in the frontal plane, and motion around the pitch
axis, in the sagittal plane, can be treated separately. In this study, we derived the dynamics
of sagittal plane motion.

The friction magnitude is sufficient at the contact point between the stance leg and the
ground for contact point slippage to be considered negligent. Hence, the tip of the stance
leg is assumed to be pinned with a free hinge joint at the contact point. The support force
provided by the hind legs is treated as a force applied to the tip of the torso link to keep
the posture of the torso link.

The notations are as follows: θi, i = 1 · · · 4: relative angle of the corresponding joint,
measured by an encoder attached to each joint; θ0: absolute angle of the shin of the stance
leg from the vertical axis; τi: input torque to corresponding joints; Lsh: length of the shin
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link, Lth: length of the thigh link, Lhp: length of the torso link; LshG: length from the
knee to the center of gravity (COG) of the shin link; LthG: length from the hip to the
COG of the thigh link; LhpG: length from the hip to the COG of the torso link. Each link
has the following parameters: Msh: mass of the shin link; Mth: mass of the thigh link;
Mhp: mass of the torso link; Ish: moment of inertia of the shin link around its COG; Ith:
moment of inertia of the thigh link around its COG; Ihp: moment of inertia of the torso
link around its COG. The corresponding shin and thigh links of the left and right legs
have the same length, mass, and moment of inertia. The coordinate frame is based on the
right-hand rule. The angle, angular velocity, and torque vectors are defined as follows:

Θ = [θ0 θ1 θ2 θ3 θ4]
T (4.1)

Ω = [ω0 ω1 ω2 ω3 ω4]
T (4.2)

τ = [0 τ1 τ2 τ3 τ4]
T (4.3)

The support force provided by the hind legs and applied to the tip of the torso link is
defined as follows:

f =

[
fx
fz

]
(4.4)

Consequently, the following dynamics are obtained:

M (Θ) Ω̇+C (Θ,Ω) +G (Θ) = τ + JT (Θ)f (4.5)

where M (Θ) is the inertial matrix, C (Θ,Ω) is the nonlinear torque vector including
centrifugal force terms, G(Θ) is the gravitational torque vector, τ is the input torque
vector and J (Θ) is the Jacobian matrix from the tip of the stance leg to the point at which
the support force is applied. The second term on the right side of the equation describes
the distribution of the support force vector to each joint as torque by the transpose of the
Jacobian matrix to satisfy the torque constraints of each joint.

4.2.2 Simulation Conditions

In simulation, effects of locomotion parameters such as duty ratio on the mechanical work
em and heat loss eh were evaluated.

The locomotion parameters are determined according to the equation of the locomotion
parameters (Eq. (2.1)). In the simulation, the locomotion velocity v is set to 0.10 to 0.40
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Fig. 4.1 Dynamics model for estimation of energy consumption

m/s for each 0.01 m/s and duty ratio β is set to 0.55 to 0.85 for each 0.02. The stride length
s is fixed at 0.12 m. The locomotion period T is regarded as a dependent parameter.

The leg tip trajectory is given by the following equations in leg coordinate frame with
origin at the hip joint axis:

p(ϕ) =

[
px(ϕ)
pz(ϕ)

]
=

{
pstance(ϕ) for 0 ≤ ϕ < β

pswing(ϕ) for β ≤ ϕ < 1
(4.6)
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Table 4.1 Parameter values for simulation

Parameter Value Parameter Value
Msh 0.300 kg Lsh 0.190 m
Mth 0.300 kg Lth 0.190 m
Mhp 10.0 kg Lhp 0.300 m
Ish 0.409 kgm2 LshG 0.0950 m
Ith 0.201 kgm2 LthG 0.0950 m
Ihp 0.100 kgm2 LhpG 0.150 m

pstance =

[
−
(

ϕ
β − 1

2

)
s

−z0

]
(4.7)

pswing =

 (
ϕ−β
1−β − 1

2

)
s

−z0 + zmaxsin
(

ϕ−β
1−β π

)  (4.8)

where pstance and pswing are leg tip trajectory in stance and swing phase, respectively,
ϕ = 1

T mod(t ,T ) is phase of the locomotion. z0 is height of the leg in stance phase. The
leg tip reaches at the highest point zmax at the middle of the swing phase.

The parameters of the dynamics model are shown in Table 4.1. The constant coefficient
c is assumed to be 1 in the simulation because it depends on actuators used for an actual
robot.

4.2.3 Simulation Results

The simulation results of the energy consumption are shown in Fig. 4.2 and 4.3. The color
deepens as the duty ratio increases. The results show that the mechanical work increases
monotonically as the locomotion velocity and duty ratio increase, whereas the heat loss
has downward-convex tendency and the bottom of COT depends on the duty ratio. The
increase of the heat loss in higher locomotion velocity and duty ratio is because of the fast
leg motion in swing phase.

The tendency of the mechanical work and heat loss obtained in the simulation is similar
to the results in the conventional study [60], thus the proposed model holds validity for
estimating energy consumption.
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Fig. 4.2 Simulation results of COT (mechanical work)

Fig. 4.3 Simulation results of COT (heat loss)



40 Chapter 4 Estimation of Energy Consumption

4.3 Experimental Validation of Proposed Model
4.3.1 Robot Design and Experimental Conditions

An experimental quadruped robot in Fig. 4.4 was designed to evaluate energy consumption
for locomotion. This robot has two pitch motion actuators at the hip and knee joints of each
leg and one roll motion actuator at the hip joint, in total twelve actuators. The parameters
and features of the experimental robot are shown in Table 4.2.

Fig. 4.4 Experimental robot

Table 4.2 Parameters and features of the experimental robot

Parameter Value/Feature
body length 0.265 m
body width 0.15 m

length of link1 0.043 m
length of link2 0.10 m
length of link3 0.11 m

weight 1.45 kg
power source stabilized DC power supply 11.1 V

actuators RS405CB
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In the experiments, the robot walked for one minute and the power consumption of the
robot was measured. Because of the limitation of the leg tip velocity of the robot, the
locomotion velocity v is set to 0.010 to 0.040 m/s for each 0.010 m/s and duty ratio β is
set to 0.76 to 0.86 for each 0.02. The stride length s is fixed at 0.10 m. The locomotion
period T is regarded as a dependent parameter calculated by Eq. (2.1). z0 and zmax are
set to 0.22 m and 0.020 m, respectively.

4.3.2 Experimental Results

The experimental results are shown in Fig. 4.5. The results show the the COT decreases
as the velocity increases. As the robot walks slowly and the heat loss is dominant at
lower locomotion velocity, the experimental results are reasonable. However, the COT
hardly differs as the duty ratio increases. This is because the range of the duty ratio is not
sufficiently large.

Fig. 4.5 Experimental results of energy consumption
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4.3.3 Discussion

This study proposed a new dynamics model for estimating energy consumption of
quadruped robots to reveal the mechanism of energy consumption for quadruped
locomotion. For analytical estimation with sufficient similarity to actual robots’ leg
structure, a simplified dynamics model of a quadruped robot was derived. The simulation
results were verified by the experiments and the experimental results showed the energy
consumption profiles as estimated by the simulation. Therefore the proposed model holds
generality of energy consumption for legged-locomotion results whereas the proposed
model considers only half of the quadruped robot’s body.
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Chapter 5

Estimation of Disturbance and
Ground Reaction Force

5.1 Disturbance Observer for Estimating Disturbance Force
of a Biped Robot

5.1.1 Introduction

In the author’s study [67], it is proposed to apply the 2-link 2-leg model for a disturbance
observer to estimate disturbance acting on a walking robot.

In this section, a biped robot developed by Uchiyama et al. [83] is considered for the
design of the basic structure of the disturbance observer because it has a suitable structure
for examining the effectiveness of the proposed dynamics model and the performance of
the disturbance observer.

The biped robot shown in Fig. 5.1 is designed originally for supporting object trans-
portation up the stairs [83]. This robot has four pitch motion actuators for the hips and
knees of each leg; roll and yaw motions are conducted by a human operator. Figure
5.2 shows the assembled robot and its three-view drawing, in which knees are driven by
actuators in the hip through timing belts to reduce the inertia in leg movements. The robot
has a height (h) of 0.96 m, width (w) of 0.60 m, and total mass of 10 kg.

The robot’s artificial legs, which were originally designed for strenuous athletic move-
ment, are made of Carbon-fiber-reinforced plastic and provide flexibility and adequate
strength. Hence, the developed robot may be used in an actual rough terrain environment.
The center of gravity (COG) of the robot is located at the point where the foot contacts
the ground, considering the round shape of the artificial leg and balance of the robot in
the standing state.

The transportation of objects is a common industrial task which is often undertaken by
forklifts, turret trucks, and unmanned autonomous vehicles to increase working efficiency
and more efficiency is required considering lack of workers in the transportation field



44 Chapter 5 Estimation of Disturbance and Ground Reaction Force

Fig. 5.1 Proposed robot for transportation of objects

Fig. 5.2 Robot system. Left: photo. Right: three-view drawing, Ah: actuator for hip,
Ak: actuator for knee, and Tb: timing belt [83]
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nowadays. Similarly, transportation systems consisting of simple and inexpensive equip-
ment, such as shopping carts and handcarts, are widely used in many fields. These types
of equipment are not driven by actuators but directly by human operators and are mostly
used on even floors or terrain because wheels are not suitable for steps, stairs, and rough
terrain. The crawler cart with an internal combustion engine, developed for agricultural
tasks, is commercially available and can be used on rough terrain [68]. It is able to ascend
a step of up to approximately 0.1 m, which is not sufficient to achieve the climbing of
stairs.

Equipment with legs can ascend higher steps, compared to equipment with wheels
and crawlers. Sano et al. proposed a legged transportation system based on passive
biped walking [69], which can be used on rough terrain. As its walking mechanism is
passive and it does not use any actuator, it is inexpensive and can be implemented both
in industrial and residential setting. However, such systems cannot transport objects up
the stairs, because the climbing step size is 0.15 m. In addition, a problem of “knee
folding” arises when climbing uphill. For uncertain terrain and smooth walking, many
biped robot systems have been studied. These studies focus on the ability to walk stably,
despite unevenness and uncertainty in the terrain, using leg-wheel combinations [70], foot
systems maintaining four contact points with the ground [71], landing pattern modification
[72], compliant mechanisms with artificial muscles [73], kinodynamic gait planning [74],
tracking control to zero-moment-point reference using flat rectangular soles with force
sensors at each corner [75], passive dynamic walking [76,77], new sole mechanisms [78],
three-dimensional walking [79] and flexible foot structure [80, 81]. Other studies on
biped robots focus on smoothing of the walking motion, such as trajectory generation for
direction turning [82].

As mentioned above, a transportation task is usually undertaken by human operators
and mechanical equipment. Walking robots are suitable to working on rough terrain.
These facts suggest the necessity for human-operated walking robots. For such human-
robot collaboration systems, the recognition of human intention/command is critical for
controlling the robot appropriately.

Considering the possibility of practical implementation, we reported a new human-
operated mobile biped system, which uses actuators for transporting objects up stairs or
high steps [83]. The legs of the proposed robot were composed of artificial legs meant for
athletes because of their strength and flexibility. The robot successfully climbed the stairs
with a simple PID controller and human operation; however, the previous study did not
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consider the support force and torque applied by the operator to simplify the problem.
In this section, a disturbance observer for estimating disturbance torques given to a

human-operated biped robot is proposed. The disturbance observer is designed under the
assumption that a human operator applies a support force to the robot as disturbance to
each joint. First, the dynamics of the robot system is derived to conduct a simulation for
investigating the performance of the proposed observer. Then, the observer is designed
based on a high-gain structure. With the obtained dynamics, it is theoretically proven
that the observer could estimate the disturbance with sufficient accuracy by choosing
observer gains appropriately. Finally, simulation results demonstrate the effectiveness of
the observer.

5.1.2 Dynamics Model

To design the disturbance observer, the robot’s dynamics is derived. The 2-link 2-leg
model shown in Fig. 4.1 in chapter 4 is adopted as the dynamics of the biped robot. In
addition to the assumptions that are considered in the previous chapter, it is assumed that
each link is rigid; therefore, the flexibility of the artificial leg is negligible. The force
provided by the human operator is treated as a force applied to the tip of the hip link,
instead of the support force f provided by the hid legs in Fig. 4.1. The resultant equation
of motion is exactly same as the Eq. (4.5).

To design the disturbance observer, the system’s state space equation is derived. A state
vector x, input vector u and output vector y are defined as follows:

x =

[
x1

x2

]
=

[
Θ
Ω

]
(5.1)

u = τ (5.2)
y = x1 (5.3)

where x1 and x2 are the state variables. The dynamics are converted into the state space
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form:

ẋ =

[
ẋ1

ẋ2

]
=

[
x2

M−1 (x1)
{
u+ JT (x1)f −C (x)−G (x1)

} ]
=

[
x2

ξ (x,u,f)

]
(5.4)

y = [I5 05×5]x (5.5)

where ξ (x,u,f) corresponds to ẋ2, In is the n × n identity matrix, and 0n×m is the
n×m zero matrix, respectively.

5.1.3 Observer Design

The support force f , applied by an operator, is distributed to each joint by the Jacobian
matrix J . The distributed torque vector d is defined as follows:

d = JTf = [d0 d1 d2 0 0]
T (5.6)

The resulting torque vector d because of the support force f contributes to supporting the
robot’s posture in the sagittal plane. Here, it is regarded as the disturbance to the actuators
because the support force is generally unknown. The 4th and 5th elements of d are zero,
as the Jacobian matrix does not contain θ3 or θ4. The roll and yaw motions conducted by
the operator cause torques to each joint, which are not described in the proposed sagittal
dynamics in Eq. (5.4) and (5.5). The disturbance torque vector, in real dynamics, includes
those modeling errors and is estimated by the disturbance observer without distinguishing
the disturbance source.

The disturbance torque vector is considered as one of the state variable vectors to
formulate an extended state space equation for describing the entire dynamics of the robot
including the disturbance vector.

x =

 x1

x2

d

 (5.7)
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The state space equation becomes as follows:

ẋ =

 ẋ1

ẋ2

ḋ


=

 x2

M−1 (x1) {u+ d−C (x)−G (x1)}
05×1


=

 x2

ξ (x,u)
05×1

 (5.8)

y = [I5 05×10]x (5.9)

Here, as the dynamics of the disturbance are unknown, the time derivative of d is assumed
to be 0.

To estimate the unknown torque induced by the support force of the operator, a dis-
turbance observer was designed. In this section, a high-gain observer was considered a
suitable candidate for the proposed system owing to its robustness. The high-gain ob-
server was designed according to the following procedure [84]: By assuming that the
output vector is y = x1, the high-gain observer is described as follows:

˙̂x =

 ˙̂x1

˙̂x2

˙̂
d


=

 H1 (y − x̂1)
H2 (y − x̂1)
H3 (y − x̂1)


+

 x̂2

M−1 (x̂1)
{
u+ d̂−C (x̂)−G (x̂1)

}
05×1


=

 H1 (y − x̂1)
H2 (y − x̂1)
H3 (y − x̂1)

+

 x̂2

ξ0 (x̂,u)
05×1

 (5.10)

where ξ0 (x̂,u) is the nominal dynamics for x2, H1 = diag (h11 · · ·h15), H2 =

diag (h21 · · ·h25) and H3 = diag (h31 · · ·h35) are the observer gain matrices. The
notation ·̂ indicates the states estimated by the observer. With high gains H1，H2, and
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H3, the observer can estimate the states with sufficient accuracy. Now, the dynamics of
estimation error e are considered:

e =

 e1
e2
ed

 =

 x1 − x̂1

x2 − x̂2

d− d̂

 (5.11)

ė =

 −H1e1
−H2e1
−H3e1

+

 e2
ξ (x,u)− ξ0 (x̂,u)

δ


=

 −H1e1
−H2e1
−H3e1

+

 e2
X (x, x̂,u)

δ

 (5.12)

where δ is the real dynamics of d, and X (x, x̂,u) is the difference between the real
and nominal dynamics of x2. By taking H1 = 1

εA1, H2 = 1
ε2A2 and H3 = 1

ε2A3

with A1 = diag (α11 · · ·α15), A2 = diag (α21 · · ·α25) and A3 = diag (α31 · · ·α35) for
positive constants α11 · · ·α35 and ε≪ 1, the error dynamics become as follows:

ė =

 − 1
εA1e1

− 1
ε2A2e1

− 1
ε2A3e1

+

 e2
X (x, x̂,u)

δ

 (5.13)

To show the effect of the observer gain, the scaled error is defined as follows:

η =

 η1

η2

ηd

 =

 1
εe1
e2
ed

 (5.14)

Then, the following equation is obtained:

εη̇ =

 −A1η1

−A2η1

−A3η1

+

 η2

εX (x, x̂,u)
εδ

 (5.15)

This equation shows that the modeling error effect X (x, x̂,u) and δ on the estimation
error e can be reduced by taking small ε.

5.1.4 Simulation Conditions

A reference trajectory for the robot was generated by assuming that the stair profile is
known. The motion up the stairs was composed of four intervals as shown in Fig. 5.3. In
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Fig. 5.3 Motion procedure for individual link

the first motion interval, the robot lifted the thigh link of the swing leg, and the shin link
of the swing leg was folded. In the second interval, the robot maintained the lift motion
of the swing leg, while the absolute angle of the swing leg’s shin link was kept constant.
During the lift motion, the support leg pulled the hip link forward. In the third interval,
the thigh link of the swing leg started to lower, and the knee of the swing leg was extended
until the swing leg touched the ground. In the final interval, the robot held its posture for a
while. To achieve smooth motion, the following reference trajectory of the absolute angle
of the links to the vertical axis was designed:

qr =
qe − qs

2

{
sin

(
πt

T
− π

2

)
+ 1

}
+ qs (5.16)

where qr is the reference trajectory for each link angle, qs is the initial angle, qe is the
end angle, t is time, and T is the motion time period from qs to qe. qs, qe and T

values were varied based on the required motion at each interval. Figure 5.4 shows the
resulting robot motion up the stairs at each second; the color deepens as time passes.
The reference trajectory of the absolute angle was converted to the relative angle by the
following coordinate transformation:

Θr = Aqr (5.17)

where Θr is the reference trajectory vector of the relative angle, qr is the reference
trajectory vector of the absolute angle, and A is a coordinate transformation matrix. The
trajectory of the relative angle is shown in Fig. 5.5.
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Fig. 5.4 Designed robot motion
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Fig. 5.5 Reference trajectory of relative joint angles

In the simulation, the support force vector of the operator was assumed to be applied
to the hip link only in the horizontal direction, as the robot supported the vertical load,
and the operator pushes and/or pulls the robot in horizontal direction. This leads to the
following:

f =

[
fx
0

]
(5.18)
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Table 5.1 Simulation conditions

Parameter Value Parameter Value
Step height 0.17 m Walking period 10 s (5 s/step)
Step width 0.27 m Sampling period 1 ms

Table 5.2 Parameter values for simulation

Parameter Value Parameter Value
Msh 0.930 kg Lsh 0.60 m
Mth 1.672 kg Lth 0.36 m
Mhp 3.340 kg Lhp 0.30 m
Ish 0.409 kgm2 LshG 0.168 m
Ith 0.201 kgm2 LthG 0.060 m
Ihp 0.100 kgm2 LhpG 0.050 m

Here, it is assumed that the operator’s support force fx is applied like a PID control for
the angle ϕ.

In addition, another PID control was applied to each joint to track the reference trajectory.
The input torque to each joint was compensated by the observer as follows:

u = uPID − d̂ (5.19)

where uPID is the input calculated by the PID controller. The PID controller and ob-
server gains were determined by trial and error. To investigate the performance of the
proposed system, including the disturbance observer, a simulation was conducted under
the conditions and actual robot parameters listed in Table 5.1 and 5.2.

5.1.5 Simulation Results

The simulation results of the angular velocity and disturbance estimation are shown in
Figs. 5.6-5.9. The results show that the estimation was performed well by the observer.
The observer was also able to estimate the disturbance with sufficient accuracy; however, a
small delay in estimation was observed owing to the modeling assumption that disturbance
is constant. The observer could not track the rapid change in disturbance; however, the
estimation results confirm sufficient performance for practical implementation purpose.



5.1 Disturbance Observer for Estimating Disturbance Force of a Biped Robot 53

5.1.6 Discussion

In this section, a disturbance observer design for estimating the support force applied to
a human-operated biped robot by the human operator is proposed. The dynamics for
the proposed robot were modeled by assuming that the support force is considered as a
disturbance to each joint. The observer was designed to estimate the disturbance based
on the high-gain observer; it was proven that the observer can estimate the disturbance
with sufficient accuracy. The simulation results showed that the observer successfully
estimated the support force as a disturbance even though the disturbance property was
completely unknown.
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Fig. 5.6 Estimation result of relative angular velocity
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Fig. 5.7 Estimation error of relative angular velocity
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Fig. 5.8 Estimation result of disturbance
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5.2 Disturbance Observer for Estimating Ground Reaction
Force of a Quadruped Robot

5.2.1 Introduction

In this section, the disturbance observer proposed in section 5.1 is extended for estimation
of ground reaction force. The 2-link 2-leg model is modified for more generality to be
applied for various types of leg structure. In addition to the estimation of the support force
provided by the hind legs, the ground reaction force acting on each leg is estimated by the
extended observer. The performance of the extended observer is verified by simulations
on the ODE.

5.2.2 Dynamics Model

To design a disturbance observer for estimation of ground reaction force, a simple dynamics
model of a quadruped robot is derived. Generally complete dynamics of the quadruped
robot is complex, therefore only the dynamics of the pitch motion in the sagittal plain is
considered in this study by assuming that the motion around each axis can be decoupled.
In the proposed model, the fore and hind legs are treated separately, and this brings a biped
robot model which is supported by virtual reaction of the opposite legs. Figure 5.10 shows
the model for the fore body. The hind legs are omitted in the proposed dynamics model
but force acting on them including inertial force, gravitational force and ground reaction
force is considered as the support force acting at the tip of the torso link. The model for
the hind body can be derived in a similar manner. In the model, motion of links in a leg of
a quadruped robot is described by a simple leg model with rotary motion of the hip joint
and linear motion of the knee joint: The leg retraction/extension is approximated by linear
motion, whereas the leg swing is performed by rotary motion typically in a quadruped
robot. This approximation of the leg structure enables the disturbance observer to be
applied to various quadruped robots because the two-dimensional geometry of the general
robot’s legs can be explained by the distance from a leg root to a leg tip and a leg angle,
except for singular angles of rotary joints. By assuming that the magnitude of friction
acting at the tip of the stance leg is sufficient, the slippage at the contact point can be
neglected. This assumption brings the tip of the stance leg connected with the ground by a
free hinge joint at the contact point. The notations are as follows: θstance, θswing; relative
angles of the hip joints, lstance, lswing; distance between the COG of thigh and shin links,
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θtip; absolute angle of the shin link of the stance leg from the vertical axis, τstance, τswing;
input torque to the hip joints, fstance, fswing; input force to the knee joints, lthigh; length
of the hip joint axis to the COG of the thigh link, lshin; length from the tip of the leg to the
COG of the shin link, lbody; length from the hip joint axis to the COG of the torso link,
GRFstance, GRFswing; ground reaction force at the leg tips of the stance and swing leg,
and fhind; support force provided by the hind legs. In the proposed model, GRFswing

and fhind are regarded as external disturbance force to the robot, where GRFstance is
included in the model implicitly because of the assumption that the robot is pinned at the
contact point. The coordinate frame is based on the right-hand rule. The position and
input vectors are defined as follows:

θ = [θtip lstance θstance θswing lswing]
T (5.20)

τ = [0 fstance τstance τswing fswing]
T (5.21)

Consequently, the following equation of motion of the robot is obtained:

M (θ) θ̈ + r
(
θ, θ̇

)
+ g (θ) + c

(
θ̇
)
= τ +

∑{
JT (θ)f

}
(5.22)

where M (θ) is an inertial matrix, r
(
θ, θ̇

)
is a nonlinear force/torque vector including

centrifugal force, g (θ) is a gravitational force/torque vector, c
(
θ̇
)

is a viscous resistance
vector, f is external disturbance force vectors andJ (θ) is Jacobian matrices corresponding
to each external disturbance force vector.

5.2.3 Estimation of Ground Reaction Force

The disturbance observer for the estimation of ground reaction force is designed by the
same manner as in section 5.1.3. The difference lies in the disturbance vector d. In section
5.1.3, the disturbance vector does not include the effect of the ground reaction force. As
the model proposed in this section includes the ground reaction force, the disturbance
vector becomes as follows:

d =
∑{

JT (x1)f
}
= [d0 d1 d2 d3 d4] (5.23)

The external disturbance force GRFswing and fhind are distributed to each joint by
the Jacobian matrices Jswing and Jhind, respectively, whereas GRFstance does not affect
the motion of the robot in the proposed model. The distributed disturbance vectors are
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Fig. 5.10 Dynamics model for the observer deign

defined as follows:

dswing = JT
swingGRFswing =


dswing0

dswing1

dswing2

dswing3

dswing4

 (5.24)

dhind = JT
hindfhind =


dhind0
dhind1
dhind2

0
0

 (5.25)

The 4th and 5th elements of dhind are zero because Jhind does not contain θswing nor
lswing. The distributed vector is estimated by the observer without distinguishing source
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of the disturbance, thus the disturbance vector is the summation of the disturbance vectors
dswing and dhind:

d = dswing + dhind (5.26)

As the 4th and 5th elements of dhind are zero, GRFswing is estimated by the following
equation:

ˆGRF swing =
(
J ′T

swing

)−1
[
d̂3
d̂4

]T
(5.27)

where J ′
swing is a square matrix composed of the 4th/5th rows and columns of Jswing.

fhind is estimated by subtracting the effect of ˆGRF :

f̂hind =
(
JT
hind

)+ (
d̂− JT

swing
ˆGRF swing

)
(5.28)

The notation ·+ indicates the pseudo-inverse matrix. Summation of the external force
including the gravitational force and the inertial force must be equal. However, the inertial
force generally oscillates significantly, and estimation of the acceleration is difficult. Here
it is assumed that the effect of acceleration is small enough; the torso of the robot moves
forward with constant velocity and mass of all links is concentrated at the COG of the
torso link because mass of the leg links is sufficiently small. Therefore GRFstance is
estimated by the following equation;

ˆGRF stance =

[
0
Mg

]
− ˆGRF swing − f̂hind (5.29)

where M is the total mass of all links, g is the gravitational acceleration.

5.2.4 Simulation Conditions

Simulation of a quadruped robot utilizing the ODE was performed to examine the proposed
disturbance observer. The robot model is shown in Fig. 5.11. Mass, moment of inertia
and viscous coefficients of the robot model corresponding to the nominal model of the
disturbance observer are shown in Table 5.3. The robot model has eight actuators in total,
and two in each leg. The knee motion, i.e., leg retraction and extension, is performed
by linear actuators attached to knee joints. The hip motion, i.e., leg swing in the pitch
direction, is performed by rotary actuators attached to hip joints.
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Fig. 5.11 Robot model for simulation

Table 5.3 Parameter values for the robot model

Parameter Value Parameter Value
mshin 1.00×10−2 kg lshin 1.75×10−2 m
mthigh 1.00×10−2 kg lthigh 1.75×10−2 m
mtorso 1.00 kg ltorso 6.00×10−2 m
Ishin 1.52×10−6 kgm2 chip 1.00×10−2 kgm/s
Ithigh 1.52×10−6 kgm2 cknee 1.00 kg/s
Itorso 1.45×10−3 kgm2

It is assumed that the pitch angle of the robot’s torso is measurable. In an actual robot,
the measurement of the torso’s pitch angle can be achieved by an attitude sensor of the
body such as a gyroscope.

The robot motion is designed to achieve stable legged locomotion. In this simulation
v, β and T in the equation of the locomotion parameters (Eq. (2.1)) are considered
as independent parameters and s as a dependent parameter; therefore stride length s is
calculated as follows:

s = vβT (5.30)

Trajectories of leg joints during stance and swing phase are designed separately in leg
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coordinate as shown in Fig. 5.12:

θ (ϕ) =

{
θstance (ϕ) for 0 ≤ ϕ < β

θswing (ϕ) for β ≤ ϕ < 1
(5.31)

l (ϕ) =

{
lstance (ϕ) for 0 ≤ ϕ < β

lswing (ϕ) for β ≤ ϕ < 1
(5.32)

where ϕ = 1
T mod (t ,T ) is a phase variable.

To avoid contact point slippage during the stance phase in each leg, the leg tip trajectory
p with constant velocity is designed as follows:

p (ϕ) =

[
px,stance (ϕ)
pz,stance (ϕ)

]
=

[
s
(

ϕ
β − 1

2

)
−zstance

]
for 0 ≤ ϕ < β (5.33)

where zstance is constant distance in z axis from the hip joint axis to the ground. Here,
it is assumed that the torso link is horizontal to the ground. The joint trajectories of the
stance leg θstance and lstance are given by the following equation:

θstance (ϕ) = atan2 {px,stance (ϕ) , pz,stance (ϕ)}

= atan2

{
s

(
ϕ

β
− 1

2

)
,−zstance

}
(5.34)

lstance (ϕ) =
zstance

cos {θstance (ϕ)}
− lthigh − lshin (5.35)

The joint trajectories of the swing leg are designed so that the velocity of the joints is
continuous at the phase transition. For the simplicity, the hip joint trajectory θswing is
given by the polynomial equation:

θswing (ϕ) = atan2

{
3∑

i=0

ai

(
ϕ− β

1− β

)i

,−zstance

}
(5.36)

The coefficient ai is determined by the constraints such that the angle is smooth and the
angular velocity is continuous at the phase transition. The knee joint trajectory lswing is
given by the following polynomial equation:
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Fig. 5.12 Joint and leg tip trajectory in leg coordinate

lswing (ϕ) =

4∑
j=0

bi

(
ϕ− β

1− β

)j

(5.37)

where bj is a coefficient of the polynomial equation. The constraints to determine bj
are as follows: Continuity in the velocity of lswing is also desired at the phase transition.
However, discontinuity is unavoidable because the leg tip velocity in z axis is minus at
the end of stance phase, while the leg tip cannot move downward further to keep the torso
link horizontal. Therefore, the velocity of lswing at the phase transition is set to zero. The
length is continuous at the phase transition. The leg tip reaches at the highest point zswing

at the middle of the swing phase. The resulting trajectories with respect to time t are
shown in Fig. 5.13.

The parameters of the nominal model corresponds to ones of the simulation model. The
observer gains shown in Table 5.4 were determined by trail and error.



5.2 Disturbance Observer for Estimating Ground Reaction Force of a Quadruped Robot 63

Fig. 5.13 Designed trajectories for leg joints. The parameters of the trajectories are
as follows: v = 0.15 m/s, β = 0.50, T = 0.60 s, s = 0.045 m, zstance = 0.060 m,
zswing = 0.050 m. The stance phase is from 0 s to 0.3 s and the swing phase is from 0.3 s
to 0.6 s.

Table 5.4 Observer gains

Parameter Value
α11 · · ·α15 8.0
α21 · · ·α25 0.30
α31 · · ·α35 0.50

ε 1.0×10−4

In each simulation, the robot walked for several locomotion periods so that the loco-
motion is stable. The initial values of the estimated states at t = tinitial are set as the
following equations:

x̂1,initial = x̂1 (tinitial) = y (tinitial) (5.38)
x̂2,initial = x̂2 (tinitial) = 0 (5.39)
d̂initial = d̂ (tinitial)

= JT
swing (x̂1,initial)

[
0

Mg
2

]
+ JT

hind (x̂1,initial)

[
0

Mg
2

]
(5.40)

Here, it is assumed that the fore and hind legs support the robot’s total mass equally. At
the phase transition, the estimated disturbance d̂ is set to the initial value d̂initial.
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The simulation was performed for two trot locomotion conditions with different loco-
motion velocity because the trot locomotion is typical for higher speed motion control.

5.2.5 Simulation Results

The estimation results of the ground reaction force are shown in Figs. 5.14-5.17.
The ground reaction force acting on only right legs are shown because the ground

reaction force acting on the right and left legs is almost symmetry. The notation above the
figures show which of stance or swing phase models is applied for estimation.

The results show that the estimation of the ground reaction force is successful in the
swing phase of each leg in all locomotion conditions even though the leg occasionally
touches the ground because of inclination of the body. There is a slight difference in
the estimation of the ground reaction force in the stance phase. This is because the
ground reaction force of the stance leg is calculated with the support force provided by the
opposite legs and its model includes modeling error such as ignoring roll motion of the
torso, contact point slippage and inertial force. The error may accumulate largely on the
estimation of the support force than the ground reaction force of the swing leg.

At the phase transition, the estimated ground reaction force shows an impulsive behavior
as the estimated ground reaction force is set to the initial value.

5.2.6 Discussion

In this section, a disturbance observer design based on a high-gain observer structure
for estimating ground reaction force of a quadruped robot was proposed. To design the
disturbance observer, simple dynamics model of a general quadruped robot was derived.
In the proposed dynamics model, the fore and hind legs are treated separately and external
disturbance force including the ground reaction force and support force provided by op-
posite legs was estimated by the proposed disturbance observer. The disturbance observer
could estimate the ground reaction force acting on the swing leg with sufficient accuracy.
However, the ground reaction force of the stance leg was not estimated sufficiently because
of the modeling error in a part of the dynamics regarding to the support force.
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Fig. 5.14 Estimation results of ground reaction force on right legs. Locomotion condi-
tions are as follows: v = 0.10 m/s, β = 0.50, T = 0.80 s, s = 0.040 m, fore.

Fig. 5.15 Estimation results of ground reaction force on right legs. Locomotion condi-
tions are as follows: v = 0.10 m/s, β = 0.50, T = 0.80 s, s = 0.040 m, hind.
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Fig. 5.16 Estimation results of ground reaction force on right legs. Locomotion condi-
tions are as follows: v = 0.15 m/s, β = 0.50, T = 0.60 s, s = 0.045 m, fore.

Fig. 5.17 Estimation results of ground reaction force on right legs. Locomotion condi-
tions are as follows: v = 0.15 m/s, β = 0.50, T = 0.60 s, s = 0.045 m, hind.
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Chapter 6

Conclusion

6.1 Summary
This study aimed to achieve the following two objectives for contributing to development
of practical walking robots:

1. Propose a simple dynamics model for estimation of energy consumption for loco-
motion, which contributes to reducing the energy consumption of walking robots

2. Design a disturbance observer for estimation of ground reaction force, which can
be applied to various controller designs such as CPG, ZMP and suppression of the
energy consumption

To achieve those objectives, a novel 2-link 2-leg dynamics model for estimating energy
consumption for locomotion is proposed and a disturbance observer utilizing the proposed
model based on high-gain observer structure is designed for estimating disturbance and
ground reaction force acting on walking robots. To examine the validity of the proposed
2-link 2-leg model and performance of the disturbance observer, the following works have
been conducted:

• Validation of the energy consumption computed by utilizing the proposed model
through experiments on an experimental quadruped robot

• Design of the basic structure of the disturbance observer for an experimental biped
robot and its validation through simulations

• Extension of the disturbance observer for estimating the ground reaction force of a
quadruped robot and its validation through simulations

Through those listed works, it is shown that the proposed model holds sufficient gen-
erality for estimating the energy consumption and applying to the nominal model of the
disturbance observer despite approximation for reducing complexity of a walking robot.
The performance of the disturbance observer based on the high-gain observer structure is
also validated.
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6.2 Discussion
In this section, problems which emerged in the experiments and simulations and possible
solutions are discussed.

In the experiments of the energy consumption, the duty ratio hardly affected the robot’s
energy consumption. This might be because of the very low locomotion velocity and
characteristics of the motors. The motors’ output torque was high compared with the
torque required to maintain the robot’s posture. That leads less change in the energy
consumption for different duty ratio because of the motors’ high reduction ratio.

Further development of the experimental robot which has ability to perform locomotion
with wider velocity range is required. The motors’ output torque implemented in the ex-
perimental robot developed in this study cannot be measured, therefore other measurement
method is required as well.

In this study, the qualitative comparison of the energy consumption profiles obtained
from the proposed model and the experimental robot is discussed. However, it is required
to consider the quantitative comparison for the precise estimation.

Future work will include mathematical analysis of energy consumption utilizing equa-
tions of the proposed model as the proposed model is sufficiently simple to derive effects
of the locomotion parameters mathematically. To apply the proposed model to an actual
robot and obtain precise estimation of the energy consumption, approximation of actual
robot’s leg structure to the proposed dynamics model must be considered.

In the simulations of the disturbance observer for the quadruped robot, the ground
reaction force of the stance leg was not estimated sufficiently. This is because of the
modeling error in a part of the dynamics regarding to the support force. The assumption
that the torso acceleration is negligible might not be appropriate.

Floating base model is one of the candidates of improved dynamics model because the
accumulation of the error and impulsive outputs at the phase transition can be avoided.
Application of the disturbance observer to an actual quadruped robot is necessary as well.
To achieve the application, it is also essential to design a method for approximating leg
structure of the actual robot to the proposed dynamics model.
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In the last of the thesis, the future prospectives of the achievement are discussed. As the
disturbance observer has sufficient performance to estimate the disturbance and ground
reaction force, it is expected to apply it to controller designs requiring measurement of the
ground reaction force such as CPG modulated by the ground reaction force.

In combination of the proposed model and disturbance observer, it is also expected
unraveling the mechanism of the energy-optimal gait transitions by considering the ground
reaction force and achieving the energy-optimal locomotion utilizing sensor-less detection
of the ground reaction force is achieved in the future.
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